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NANEAAAAIKEY EZETAZEIZ ' TA=HX HMEPHZIOY FENIKOY AYKEIOY
TETAPTH 3 IOYNIOY 2026

EZEETAZOMENO MAOHMA: MAOHMKQN ZMOYAQN KAI ZMOYAQN OIKONOMIAZ &
NAHP/KHZ

I
T ATl =

OEMA A

A1. 'Eotw ma guvdptnon f opiopévn ot éva didotnpa A . Av
« n f eival ouveync oto A Kal
« '(x)=0 yia kaBe ecwTepIKO onpeio X Tou A,
va amodeitere ot n f eival otaBepn o 6Ao 1o didoTnua A
Movadeg 6

A2, No DIOTUTTWOETE TO KPITARIO TTapeURoARC.
Movadeg 5

A3. Eotw f pa ouvdprnon opiopévn o éva Sidotnpa A . T ovopaleTal apyikn
guvdptnon f mapdyouca e f ato A;
Movadeg 4

Ad. Na yapakTnpigeTe TIC TROTAOEIC TOU akoAouBoUv yod@ovTag aro TETpadIo
gag, dimAa gTo ypduuda ToU avTioTolIyEl 08 kGBe mpdTaan, 1N AfEn TwoTd,
av n mpoTaan Eivar owarh, H AdBog, av n mpoTaan givar AavBaaugvr.

a) Mia guvapmon f.:R— R civar “1-17, av kal povo av utmrdpyouv
SIQQOpETIKG Onueid TN ypd@IKAC Tnce TdpdoTacnc pe Tnv idia
TETAYUEVT].

B) Av pia cuvdptnon f eival mapaywyioipn oe éva onpeio x, Tou mediou
oplgpoU Tng, TOTE Eival Kol OUVEXAC OTO ONUEID aQutd.

v) Eotw pia ouvdaprnan f ouveyxric ot éva didotnpa A kai duo Qopic
Tapaywyigiyun oTo ECWTEPIKG Tou A . Av f"{x}:- 0 yvia kaBe ECWTEPIKG
onueio X Tou A, tote n f eivan kupTr oTo A

8) Av n guvdptnon g eival Tapaywyioipn ote x, kai n guvaptnon f eival
Tapaywyigipgn oo g[xo], 10Te n ouvdptnon feg eival Tapaywyiciun
oT0 X, Kal Ig)UEl

(foa) (x5)=(a(x:)) -9'(x) -

£) H guvdptnon f{x} = J@X eival TTapaywyioiyn ato ]E—{x|nux = D} Kal

10X UEl (U{px]f= — .
nu=x
Movadeg 10

TEADEZ 1HE ANO 4 ZEAIAEZ
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APXH ZHEI ZEAIAAL
HMEPHEION KAl EEMNEPINGMN FENIKON AYKEION

QEMA B

AivovTal 01 ouvapTRoEIg

f-(1,+0) >R, perimo f(x)=2In(x-1)
Kal
g:[2,+ ) >R, perimo g(x)=x-2+1.

B1. Mo mpoodlopiceTe Tn guvdptnan h=feg.
Movadeg 8
ITa emopeva epwTnpata va Bewproete om h(x)=In(x-2), xe(2,+®).

B2. Na amodtifete 6T n ouvdptnon h avmioTpé@etal (povdadec 3) kol va
TpoodiopioeTe T guvdptnon h™' (povadec 6).
Movadeg 9

, o f(x)
B3. Na umohoyioere To dpio lim [h(x)ﬁ] .

Movadeg 8

GEMAT
Aivetral n ouvdptnon f:R—> R pe 1imo

1©0C + X
fx) = B2
) X"+ 1

pe x,pe K, yia Tnv omoia 10yUouv Ta aKkoAousa:

« Hf éxer opiZovria agUPUTTWTIN OTO +<0 |
« HeubBeia Y=X EQATTETAI OTN ypa@ikr Tapdotaon tne T omnv apyn
TWV AEOVWV.

M. MNa amodeiEete oI
i) k=0 ka

i) pn=1.
Movadeg 8

TEADE 2HZ ANO 4 EEAIAER
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APXH 3HI ZEAIAAZ
HMEPHIION KAI EENEPINGN FENIKON AYKEIQN

r2. i) Na pehetiioeTte Tn guvdptnon T wc Tpog Tn povoTovia Kal Ta akpdTata
(povadec 6).

ii) Na amodeigeTe 6T1 TO olvoho Tipwyv Tng f eivar To [—% ,%] (povadeg
1
3) kol va Bpeite To WARBoC Twy pilwv TS eficwanc f{x}=§+&2, yia

Ka8e Tipn Tng Tapapétpou a e R (povadec 2).

Movddeg 11
1 2w
rs. Nna veN opilou E]_.=I dx.
pc I"I W 0 KZ_I_.I
i . . 1
i) Na amodeigere o I, +1 =%vsa VE N.
ii) Na umrohoyioete Ta I, I, kan L.
Movadeg 6
GEMA A
‘Eotw ouvdptnon ¢: 1R — R mapaywyiopn, pe ouvexn mapdywyo, yida TNV oTroia
IoxXuUouv:
«» D<g(x)<1, yioakaBe xeR,
« gi(x)=-1, yiarade xXeR .
A1. Na amodeigeTe 0T umrdpyel povadiko X, €(—1,0) wore:
g(x,)+x,=0.
Movadeg 6
AiveTal emiTTAéov n TTapaywyigign ocuvaptnan
x*(a(x)+x) , xe(-=,0)
f(x)= n
2NUX+EPX -KX |, XE D'E
e KeR .
A2. Na amodeifeTe OTI K= 3.
Movddeg 2

TEADT 3HE AMO 4 FEAIAER

EKMAIAEYZH: Me Opdparta kai Mpdageig yia Tnv Naideia
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APXH 4HZI ZEAIAAL
HMEPHEION KAI EZNEPINGMN FENIKON AYKEIQN

T
A3. No amodeifere o1 oTO DIGoTnpa [Ui EJ ITXUouV:

i) f(x)=0 km (povddec 4)

ii) n egiowon 3f(X)=m éxel akpIpwe pia pida, X,. (Hovddec 3)
Movadeg 7

A4, i) Na amobeigere om f(X)= 0 ato Sidomnpa [x, , [l]. (povddec 3)

ii) EoTw Q To Ywpio ToU TEPIKAEIETAI Ao TN YpAPIKN TApAcTACH TNG
ouvaptnang T, Tov dova X'X ko Ti¢ eubeiec X = X, kal X =f(x,), dmou X,
gival o aplBpog amo To epwtnpa Al kal X, eival n pifa amé 1o epwinua
A3ii. Av o dfovacg VY'Y ywpiler To Q of G00 1oeppadikd Ywpia, va
amodeifeTe OTIC

4

0 i
g ()dx=214T _3n2-3.
.L1 g{ ) 4 2
(povadeg 7)
Movadeg 10

OAHIIEY (viao Towe eEsTalopévoue [ TIC eEETaldPEVEL)

1. X100 efwigpuiho tou TeTpaliouv va ypdawete to efetaldpevo pdenua. ETo
ETWPUAAD TAVW-TTAVW v TUPNTANPWOTETE TA ATOPIKG OTOIYEiQ JaBnTh. ZTRV
ApYXH TWY AMAVTROEWY T va ypdWseTe mdvw-Tdvw TRV NMUEpounvia Kal 1o
cfeTalopevo pasnua. Na pnv avriypdweTe Ta Bfépara orto TeETpddio Kal va
pn ypdweTe moudevd ailkol oTo TETpAdIO oO¢ To Ovopd oo,

2. Ng ypdweTE TO OVORATEMWYUPO OO0C OTO TMAVW HEPOC TWY QUTOOVTIVRPAQWY
auEécwc pokic oac TapadoBolv. Tuxdv CNUEIWTEIC OOC Tdvw OTa BEpata Gev
8o BabpoloynBoldv of Kapgio WEpiMTwon. Katd tnv amoywpnoni od¢ va
TapadwoeTe yali ye To TETPADIO Kal Ta gwToavTiypaga.

3. No amavTAOETE OTo TETpaGI0 ooa¢ O OAo Ta BEpaTa POvVo PE UTAE [ povo
HE HOUpO OTUAG PE PEAdv! TTow Gev GBAVEL. MoAUB! EMITRETETOI, HOVO Qv TO
INTAEl N EKQWYNON, KAl HOVO Y10 WiVvakee, Slaypduparta KA.

4. KdB:c amdvinon £EMITTNUOVIED TEKUNPIWPEYN Eival amobekTh.

Adprkeia eEETaonc: TPEIC (3) WPEC PETA TN Savoun Twy PWToaVTIypAdQuy.

6. Xpovoc BuvatAc amoxwpnong: 10.00 m_p.

th

ZAL EYXOMALZTE KAAH ENITYXIA
TEAQOZ MHNYMATOEL

TEAOQE 4HE AMO 4 FEAIAER

EKMAIAEYZH: Me Opdparta kai Mpdageig yia Tnv Naideia
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